1 Operator norms

1.1 Banach space norms

e L' sup norm

|A]1—1 = least {M | Vu||Aull; < M||u|l1} = sup/ la(x,y)| dx.
y

e L2 sup norm

[All2—2 = least {M | Vu || Aully < M|jul|2}-
e [°° sup norm
[A]lcooo = least {M | Vu[|Aulloo < Ml|ullo} = Sup/ la(z, y)| dy.

1.2 Hilbert space norms

e trace norm

[A]ly = tr(V A*A)

e Hilbert-Schmidt norm

1All2 = Vor(A7A) = ¢ / / lalz, )2 dz dy.

e Sup norm

[Alloo = least {M | Vu[|Aullz < Mllull2}.

1.3 Inequalities

14]l2—2 < VI Al1- 1l Al o0
[Alloo < 1 Afl2 < (|l

[Allco = [[All2—2



